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Solutii
12.1. a) Calculati:
2
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b) Comparati numerele: - 51 In 2+2\/§
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Pentru x € [1; 2], arcsin% > %, ceea ce implicd [ = ff (i — arcsin %) dx < 0. Utilizand
valoarea integralei I, obtinuta 1n punctul a) obtinem
T 2++/3
<In >
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12.2. Fie matricea A = < ) unde a € R\ {1}. Determinati 42921 — 42020,
a®—1 1

Solutie:
Observam ca

1

2 _ —a—l 3 _ —1 0 _

A_(3 1_a>, A—(O _1)_ I,.
a®—1 a

Atunci A2020 = (43)673. 4 = —4, A2021 = (43)673. 42 = —42,
Obtinem A2021 — 42020 = _A2 4 A = ],,

12.3. Triunghiul ascutitunghic isoscel ABC, m(4«B)=m(4C) = a, este baza prismei
ABCA;B;C;. Muchia laterala A;A este perpendiculara muchiei AC, iar m(2£A,AB) = B < 90°.

Determinati aria laterala a prismei, dacd 4,4 = BC = a.

Solutie:
2
Tinand cont de faptul ca A;ACC; este dreptunghi, AC = AB = 5 = e obtinem Ay, acc, = Z::)ﬁ
2
a 0
Ap,aBB, = 2cosasm'8'

Consideram dreapta d || AB,C € d.Fie K € (ABC), (C;K) L (ABC). FieT €d,(KT) Ld.



Atunci m(4C,CT) = B si CT = acosp.
(KC) L (AC) > m(4KCT) = 2a — 90°
sim(2KCB) = 90° — a.

Atunci KC = CT _ acosf .
sin(2a) sin(2a) °
a’cos?f
C,K? =C,C?> - KC? = a? ————.
! 1 sin2(2a)

Fie M € BC,(KM) 1 (BC). Atunci
KM = KC sin(90° — a) = acosh s a.
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i 2 [4cos? a—cos2f
Atunci Apce,p, = BC- M = a?\/4cos? a—cos’B

2cosa
Obtinem
a
Aar. = eosa (1 +sinf ++/4cos2 a — coszﬁ).
. n [x] T In
124. Fie I, = fl >—dx,n € N,n > 2. Calculati: lim —.
x2+1 > n—ooo Inn
Solutie:
Conform lemei Stolz-Cesaro obtinem
lim I—n = lim Insa = In
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